Abstract. A short proof is given of a somewhat weaker version of Asplund's result on averaging smooth and rotund norms in Banach spaces.
||jc||, uniformly on bounded sets, we have lim, 2(||jt,-|fi + \\x\\2) -\\Xj + x\\2 = 0. So, by LUR of the norm || • ||,, we have lim-\\xj -x\\x = 0.
Remark. The above argument also works for other properties (like rotundity, uniform rotundity, etc.). In the case where there is exact duality between a differentiability and a rotundity notion (e.g. uniform rotundity and uniform Fréchet differentiability, or rotundity and Gâteaux differentiability in reflexive spaces), our proof gives the original Theorem 1.
